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Abstract

Estimating poverty measures for disabled people in developing countries is often
difficult, partly because relevant data are not readily available. We extend the small-
area estimation developed by Elbers, Lanjouw and Lanjouw (2002, 2003) to estimate
poverty by the disability status of the household head, when the disability status is
unavailable in the survey. We propose two alternative approaches to this extension:
Aggregation and Instrumental Variables Approaches. We apply these approaches to
data from Tanzania and show that both approaches work. Our estimation results show
that disability is indeed positively associated with poverty in every region of mainland
Tanzania.

Keywords Poverty - Disability - Tanzania - Aggregation - Two-sample instrumental
variables estimation

JEL Classification C20 - 110 - I32

1 Introduction

Studies over the last two decades have shown interlinkages between poverty and
disability. Such interlinkages emerge from the bidirectional causality between them.
On the one hand, disability may lead to poverty for at least four reasons. First, disabled
people may suffer from loss of income due to productivity loss and social exclusion.
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Second, household incomes from non-disabled members may also be reduced as a
result of higher demand for time to take care of disabled members. Third, disabled
people may incur additional costs such as medical expenses, equipment, adaptations
to housing and specialized services (Elwan 1999). As a result, disabled people may
require higher expenditures than non-disabled people to maintain a given standard of
living (Zaidi and Burchardi 2005). Fourth, disabled people may have limited access to
services—including, but not limited to, healthcare and education services—because
of, for example, physical or social barriers (Mitra 2004). On the other hand, poverty
may cause disability. Poor people are more likely to suffer not only from the lack
of adequate food and water but from the lack of adequate and timely healthcare.
They may also have to accept more hazardous working conditions and less safe living
environment than non-poor people (Yeo and Moore 2003).

Disentangling the bidirectional causality between poverty and disability is method-
ologically challenging, because it is generally difficult to find exogenous variations in
disability or poverty (Grech 2016). However, it is still useful to understand the strength
of the correlation between poverty and disability, as disability is a significant issue in
scale and closely related to poverty (World Health Organization 2011; United Nations
2019), given that there is a dearth of empirical evidence on the relationship between
poverty and disability, particularly at spatially disaggregated level.!

This limitation primarily comes from the lack of relevant data on poverty and
disability. Poverty analysis normally relies on a socioeconomic survey that is repre-
sentative at a highly aggregated level such as regions and provinces. Such survey data
typically contain, if any, only a small number of people with disability, because the
proportion of disabled people to the total population can be as low as a few percent.”
This makes it difficult to derive a reliable estimate of poverty for disabled people. As a
result, it is difficult to clearly see the correlation between poverty and disability within
a country.

Nevertheless, existing cross-country studies tend to find a positive correlation
between poverty and disability (Braithwaite and Mont 2009; Masset and White 2004;
Filmer 2008). Likewise, a small number of within-country studies such as Mont and
Cuong (2011) and Loyalka et al. (2014) also suggest a positive relationship between
poverty and disability, particularly when the cost of disability is taken into account.’

To our knowledge, Tanzania—the country studied in this paper—has only one
published study that directly addresses the correlation between poverty and disability,
which is Mitra (2018), who compares poverty across different levels of functional
disabilities at the national level and find that more severely disabled people tend to
be poorer. Besides Mitra (2018), there are at least two studies in Tanzania relevant to
this study. Using data from the Kagera region, those with disability at the baseline in
1993 were found to have lower asset values in 2004 than those without disability at
the baseline. The former is also less likely to experience welfare improvement than

! See Elwan (1999); Haveman and Wolfe (2000), and Yeo and Moore (2003) and studies cited therein for
earlier studies on this and related topics.

2 The proportion of disabled people would also depend on the way it is defined and measured. See Online
Appendix for a related discussion on this issue.

3 See Mitra et al. (2017) for a review of literature on extra cost of disability (i.e., additional income that
disabled people will need to achieve a given level of standards of living).
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the latter by either peer assessment or self-assessment (de Weerdt 2010). Further,
the risk of death for visually impaired people over the age of 40 is found to be 3.33
times higher than individuals with normal eyesight, after controlling for age, sex, and
village of residence (Taylor et al. 1991). These findings are consistent with the positive
correlation between poverty and disability in Tanzania and serve as a locally-relevant
motivation for the current study.

The goal of this study is to provide a spatial disaggregation of the estimates of
poverty and disability in Tanzania. Our contributions are twofold. The first contribution
is methodological. We extend the small area estimation (SAE) developed by (Elbers
et al. (2002, 2003), hereafter ELL) which combines a survey and a census to produce
spatially disaggregated estimates of poverty and other welfare measures. As elaborated
later, the ELL SAE method requires all covariates in the consumption model to be
included both in the census and survey, or in auxiliary datasets that can be merged
into both the census and survey.* Hence, unless we naively assume that one single
consumption model applies to both disabled and non-disabled groups, the ELL method
does not work in the absence of disability information in either the survey or census
data.

We resolve this issue by extending the ELL method to allow for the presence of
regressors unobserved in the survey, such as the disability status of the household
head. We propose two alternative approaches to this extension. The first approach
uses aggregation in a spirit similar to Feige and Watts (1972). This method is use-
ful because disability information from another source can often be merged into the
survey at an aggregated level. In the second approach, we adopt the two-sample two-
stage least squares regression (Angrist and Krueger 1992; Inoue and Solon 2010).
By choosing an appropriate instrument, we can estimate the consumption model for
both disabled and non-disabled groups even when the survey lacks disability informa-
tion. The empirical results from Tanzania suggest that both methods work reasonably
well. To our knowledge, this is the first study that combines the ELL method with
two-sample instrumental variables estimation.

The second contribution is empirical. We show that people residing in households
with disabled heads are significantly poorer than the rest of the population in every
region of Tanzania. This finding is empirically relevant, because there is no published
study that quantitatively explores the regional-level relationship between poverty and
disability in Tanzania. Further, this is among a small number of existing studies that
describe the relationship between poverty and disability with some spatial disaggre-
gation. The level of disaggregation we provide is finer than existing studies.’

It should be noted that this is not the first study to apply the ELL method to the anal-
ysis of poverty and disability. Hoogeveen (2005) applied the ELL method to find the

4 For example, community-level indicators are often merged into the census and survey. Once covariates
from auxiliary datasets are merged into the census and survey, we regard these covariates to be part of the
census and survey datasets for our purpose.

5 Both Mont and Cuong (2011) and Loyalka et al. (2014) provide poverty estimates by disability status only
for urban and rural areas in Vietnam and China, respectively. Hoogeveen (2005) discussed below reports
poverty rates by the disability status only for four regions. Mont and Nguyen (2018) provide poverty
measures at the level of six regional estimates. We report poverty rates by the disability status of the
household heads for 21 regions.
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poverty rates for disabled households—or households headed by disabled people—and
non-disabled households in urban Uganda. As with this study, Hoogeveen (2005) did
not observe the disability status in the survey. Thus, he just used a single consumption
model for disabled and non-disabled households, but he introduced interaction terms
between several household-level covariates and the fraction of disabled people in the
community in the consumption model to account for the potential heterogeneity due to
disability. His analysis shows that poverty rates for disabled households are 7.4—12.6
percentage points higher than those for non-disabled households, depending on the
region (Hoogeveen 2005, Table 3).

While Hoogeveen (2005) made an important first step towards deriving poverty
statistics for disabled households in the absence of reliable disability data in the survey,
there are two important limitations in his study. First, as acknowledged in the study, the
introduction of interaction terms does not eliminate the bias in the estimation. Second,
the standard errors reported in his study are also likely problematic. This is because
Hoogeveen (2005) essentially takes the community-level prevalence of disability as a
proxy for the household-level disability status, but no adjustment is made to account
for the fact that the community-level prevalence is just a proxy. The current study
addresses both of these issues.°

This paper is organized as follows. In Sect. 2, we develop the methodology, followed
by the description of the data and discussion on measurement issues in Sect. 3. Section 4
presents the empirical results. We offer some discussion in Sect. 5.

2 Methodology

In this section, we formally develop the methodology. We first introduce the ELL. SAE
method. Then, we discuss the issues we would face when applying the standard ELL
method in the absence of disability information in the survey. Finally, we extend the
ELL method by two alternative approaches.

2.1 ELL SAE method

The essence of the ELL SAE method is simple. It combines a survey and a census
through a consumption regression model. The model parameters are estimated with
a survey, and the estimated parameters are used to predict the consumption for each
household in the census. The predicted consumption is then aggregated to calculate
welfare indicators (e.g., poverty and inequality measures) for small areas. Monte-
Carlo simulation is carried out to account for the model error—error associated with
the estimation of model parameters—and the idiosyncratic error. The model error
systematically affects all predictions. Unlike the model error, the idiosyncratic error
tends to cancel out with each other when we aggregate (Elbers et al. 2002, 2003).

6 Mont and Nguyen (2018) also apply the ELL method to derive poverty measures for people with and
without disability at a spatially disaggregated level. However, it does not allow for the difference in model
parameters between these two groups.
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By combining a survey with a census, the ELL method addresses a particular type
of missing data problem. That is, a typical consumption survey has no observation for a
majority of small administrative units such as towns and villages. Even for some small
administrative units for which there are observations, the number of observations can
be limited (only 20 households or so per village is quite common). On the other hand,
a census typically covers all or nearly all households in each small administrative unit
in a country. ELL method combines the two data sources to address the missingness
of the consumption data for small administrative units.

We adopt the ELL method in this study for a similar reason. A typical survey
contains only a small number of disabled households, even if the disability status of
individuals is known. Therefore, it is generally difficult to estimate poverty for disabled
households. Further, even if it is possible to estimate poverty for disabled households
with a survey (because of oversampling of disabled households), it is typically not
possible to produce meaningful spatial disaggregation. We overcome this problem by
combining a survey with a census, the latter of which contains a sufficiently large
number of disabled households even at a spatially disaggregated level.

However, we are unable to apply the ELL method directly, because the survey data
do not contain individual status of disability in our application. Therefore, we propose
an extension of the ELL method to include a regressor that is not observed in the
survey. We will discuss this extension in the subsequent subsections.

The ELL method has been applied to dozens of countries. The spatially disaggre-
gated poverty estimates are typically presented in the form of maps, which are called
poverty maps. Besides producing poverty maps, the ELL method and its variants have
been used to analyze geographic targeting (Elbers et al. 2007; Fujii 2008), inequality
(Elbers et al. 2004; Demombynes and Ozler 2005; Araujo et al. 2008), and regres-
sion analysis at aggregated levels (Elbers et al. 2005), among others. It has also been
applied to health-related issues such as the estimations of child undernutrition (Fujii
2010; Sohnesen et al. 2017), health worker absenteeism (Fujii 2019), and HIV preva-
lence (Ivaschenko and Lanjouw 2010). As noted earlier, Hoogeveen (2005) directly
used the ELL method to derive poverty estimates for disabled households.

Let us now formally describe the ELL method. Suppose that the set of clusters (e.g.,
villages) inasampleis C = {1, - - - , K}, where K is the number of clusters. We denote
the (non-empty) set of households in cluster k € K by Hj and denote the number of
households in cluster k by Hy = #{Hy}, where #{-} is the counting measure. The set
of all households in the sample is denoted by H = U cxHy and the total number of
households by N = #{H}(= Y, Hx) in the sample. The cluster membership function
k : H — K maps each household to the cluster it belongs to, so that k (h) = k &
h € Hy. We denote the measure of standard of living (e.g., logarithmic consumption
per capita) and the weight for household 4(e H) by y, and wy, respectively. In
our empirical application, they are respectively logarithmic consumption per adult
equivalent and the population expansion factor. When necessary, we use the dataset
subscript D € {C, S} with a slight abuse of notation to specify the data source, where
C and S respectively denote the census and survey, respectively. For example, Hi p
and Hp respectively denote the number of households in cluster k& and the set of all
households in the dataset D.
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As noted above, the ELL method combines two datasets, a census and a survey. We
assume that the census covers all clusters and households in the population of interest.
The survey households are assumed to be selected in the following two steps. In the
first step, a given fraction of clusters is randomly drawn from the set of all clusters. In
the second step, a given fraction of survey households are randomly drawn from each
of the chosen clusters. We hereafter assume that the latter fraction is sufficiently large
so that the cluster averages in the survey and census are sufficiently close.

The goal of the ELL method is to produce an estimate of aggregate welfare measure
Py = P({yn}tnes, {wn}ney) for each set J of households that is of interest. Typically,
each set J contains a set of households located in a given administrative unit. In our
case, J is determined by both the disability status of the household head and region
in which the household is located. To simplify our presentation, we focus on the case
where P; is poverty rate, which is the proportion of the people under a given poverty
line ¢ and can be written as: Py = ) ,; wpl(yn < ¢)/ Y ,c; wn. Poverty rate,
also called head count index, is the most widely used measure in poverty analysis
including common applications of the ELL method. It is simple and a special case of
the Foster-Greer-Thorbecke (FGT) class of poverty measures (Foster et al. 1984).

It should be reiterated here that the survey may not have any observation of yj,
in some J, in which case P; cannot be calculated from the survey alone. However,
because the census covers the households in J, we can use a predicted value of yj, for
each census household i € J to estimate P;. To predict yj, in the census, we use a row
L-vector of household-level covariates x, = (x5,.1, - - - , Xu,1), which is contained both
in the census and survey. Covariates that are routinely used for x include demographic
characteristics, housing conditions, education, and asset holdings of the household.
Some community-level variables are often included as well.

We assume that the conditional expectation E[yp|xj] is a linear combination of
X, so that E[yy|x;] = xpB. Further, we also assume that the error term u;, = y; —
E[ynlxy] can be expressed as a sum of a cluster-specific random effect 1, and a
household-specific random effect €. Thus, we have the following model:

yi = Elynlxp] + up
=xpB + ) + €n- (D

Both components of the error term have a zero expectation such that E[n,x)] =
Ele,] = 0 for each h. Further, n; and €; are assumed to be independently and identi-
cally distributed across k and &, respectively. They are also independent with each other
and uncorrelated with x;, and wy,. In a standard application of the ELL method, the het-
eroskedasticity of ¢, is typically modelled with a logistic regression and 7y is assumed
to be homoskedastic. The regression coefficients and their associated covariance matrix
are estimated through a (feasible) generalized least-squares (GLS) regression using
the survey. In addition, the distributions of n; and €, are also estimated. Note that
eq. (1) simply describes the conditional expectation and should not be interpreted as
a causal model.

Once all relevant parameters are estimated, y;, is repeatedly imputed to each cen-
sus household &7 € H¢ in a Monte-Carlo simulation. Let R be the total rounds of
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the simulation. The regression coefficient ﬁ(r) for the rth round of the simulation
for r € {1,---, R} is randomly drawn from the estimated distribution of the GLS
estimator BG 1s- This random draw captures the model error. In addition, the cluster-
specific random effect f;,gr) and the household-specific random effect € }(lr) are drawn,
respectively, for each cluster k£ and each household / from their estimated distribu-
tions. These draws capture the idiosyncratic error. With all these random draws, the
imputed measure of the standard of living for household % in the rth round of the

simulation is calculated as: )7}([) =Xy B « + f),((r()h) + E;lr). The poverty rate in J for

the rth round is then estimated by IS}F) =P({ 9}(;)}116 7 {wn}nes). The point estimate

P; and its estimated standard error §@.(P;) are obtained by taking the average and

standard deviation of ISJ(V) over r. Other aggregate poverty measures can be estimated
in a similar manner.

2.2 Applying the ELL SAE method to disability

Now, let us consider an application of the ELL. SAE method to a situation where the
model parameters may differ across different groups. These groups can be based on
some household characteristics such as the disability status of the household head. We
focus on a situation where the group membership is observed in the census but not in
the survey. We do not consider the case where the group membership is observed both
in the census and survey, because the standard ELL method is directly applicable in this
case. We also do not consider the case where the group membership is missing in the
census, because the predicted consumption evidently cannot reflect the heterogeneity
across groups.

When the survey does not contain the group information, a naive approach would
be to ignore the heterogeneity of model parameters. However, this approach is likely
to result in inconsistent estimates. In this subsection, we discuss this issue and the
main idea behind the two alternative approaches we propose to address the issue. The
details of these approaches are presented in the next subsection.

Suppose that there are G groups, and let a;g be the group membership indicator,

which takes one if household / belongs to group g € {1, - -- , G} and zero otherwise.
Each household belongs to exactly one group. We denote the row G-vector of group
membership indicators for household & by a; = (ap1, - - , ang), and the (N x G)-

matrix of group membership indicators for all households by A(= (ang)).

Let us assume that a row L*-vector of (“common”) regressors xj, has a coefficient
vector B¢ that is equal across groups, whereas a row L¢-vector of (“uncom-
mon”) regressors x;f has a group-specific coefficient vector ﬂg. Then, by letting
X, = (xfl, ap, ® x;li), the regression coefficient 8 for x;, is a column L-vector for
L = L¢ + LG, which stacks Be, ﬁd, S, ﬂ‘(j; into one vector. Hence, if xz, aj and
x;f are all observed in both the census and the survey, x;, exists in both samples so that
the standard ELL method can be used.

However, it is not the case when the group membership vector aj, is not observed
in the survey. One quick fix is to simply assume that the coefficients are equal across
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groups so that ﬂﬁl = ... = ﬂé. This assumption is clearly problematic when the
coefficients are indeed different among different groups. The estimates of B¢ under
this assumption would only reflect the relationship between x¢ and yj averaged over
different groups. Hence, unless the coefficients are indeed equal across groups, the
predicted consumption given the group indicators will be inconsistent.

Hoogeveen (2005) attempts to mitigate the bias by including a number of interaction
terms between the community-level prevalence of disability (taken from the census)
and some household-level variables. This is in effect equivalent to replacing a; with
its cluster average a, () (and its interactions), where a, () is defined as follows:

Zh’EHK(h) Clh/U)h/

a =
K (h) Zh’EHK(h) wyy

His approach would capture some of the variations across groups since @ () serves
as a proxy for a;. However, his method does not account for the fact that a, ) is
just a proxy. Further, the potential heteroskedasticity across groups are ignored, which
in turn leads to inconsistent estimate of standard errors. These issues are particularly
important when we are interested in comparisons across groups.

In order to highlight these issues and present the ideas for possible solutions, let us
consider a simplified version of the ELL estimation in the remainder of this subsection.
We assume that there are only two groups (i.e., G = 2): disabled and non-disabled
households. We also maintain this assumption in our empirical analysis, even though
we present our approaches in a more general setting in the next subsection. We let
ap1 and app (= 1 — ay1) denote the indicator variables for non-disabled and disabled
households, respectively.

Furthermore, we assume that there is no common regressor (i.e., L* = 0), and
the uncommon regressor contains only a constant term (i.e., L = 1 and xz = 1).
Each household has a unit weight. There is no cluster-specific random effect, and the
heteroskedasticity of €, depends only on the group household / belongs to. Hence,
we have var[uy | = var[e,] = ah1031 + ahZGez,z» where azg = varley|apg = 1] is the
group-specific variance of € for g € {1, 2}. Under these assumptions, eq. (1) reduces
to:

yi = ap1B1 + anaPa + €p. ()

If we observe ay, for every household # in the survey sample Hg, we simply need
to regress y, on ay to obtain an unbiased estimate of 8, = Elyslap, = 1] for
g € {1, 2}. This is, of course, equivalent to taking the sample mean of y, for group
g (e, Zhe?—[s Yhang/ ZheHS apg). This operation is not feasible when the group
indicators ay are not observed in the survey.

Suppose that we observe the cluster-level average of group indicators a, ;) for
each household # in the survey and that we apply the method used by Hoogeveen
(2005) to our simplified setup. Then, y; would be regressed on a, ;) using the survey
and predicted for each census household with a, ;). In this case, BG s 1s in general
inconsistent. Furthermore, even if the true 8 were known, the predicted value y;, =
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ax(h).181 + ae(ny,2 B2 would still be biased, because we have 35, # E[ynlani, an2] =
an1 B + a2 B, in general.

Besides, Hoogeveen (2005) also failed to take into account the potential het-
eroskedasticity across different groups. In our simplified model, this is equivalent
to assuming that the estimated variance var|[yy] is identical across groups. However,
this is unlikely to hold in practice. Consider, for example, the presence of local sup-
porters for disabled households, which would positively affects the standards of living
of disabled households. If the presence of the local supporters is unobservable, we are
forced to treat it as a household-specific random effect. Since this effect affects only
disabled households, €, is likely to be heteroskedastic across groups.

The importance of the above-mentioned issues depends on several factors in prac-
tice. First, if each cluster is dominated by one group so that ay, is approximately
equal to zero or one for each k and g, then the bias in the estimate of B is likely to
be small. This is because a, (), is a very good proxy for ajg. However, the bias in
the predicted value of y;, for small minority groups may be still severe, because the
prediction is based on ay. Second, if xfl captures most of the variations of yj, the bias
in the predicted value of yj, is likely small, because the heterogeneity across groups is
relatively unimportant. Third, when the variance of 5y is large relative to that of €5, a
large portion of the idiosyncratic errors for P; would come from the cluster-specific
random effects. This is because cluster-specific random effects diminish only slowly
by aggregation in comparison with household-specific random effects. As a result,
ignoring the heteroskedasticity of €;, across groups would do little harm, because the
household-specific random effect is a relatively unimportant source of errors. Other-
wise, failure to account for the heteroskedasticity due to groups may lead to a serious
underestimation of standard errors for certain groups.

The preceding discussion motivates the two approaches formally developed in the
next subsection: Aggregation Approach and Instrumental Variables Approach. In the
Aggregation Approach, we aggregate all covariates, including the group indicators,
to the cluster level, because their cluster-level averages are all observed at this level.
As a result, we can run regressions at this level and obtain a consistent estimate of
B. To provide an intuition behind this approach, consider the cluster-level average of

Eq. (2):
Yk = ax, 1B + ax 2B, + €, 3)

where yi (= H, ! > heH, yn) and € (= Hk_l > heHy €j,) are the cluster-level averages

of y, and €. Note that we have var[e;] = Hk_] (ék,loél +ék,2032). Since we
observe yi, ax,1 and ai o for each k, it is straightforward to estimate eq. (3) by a
(feasible) GLS regression at the cluster level.

Let us now turn to the Instrumental Variables Approach. In this approach, we treat
a,(ny as an instrument for a;,. To demonstrate the main idea of this approach, let us
premultiply eq. (2) by the vector of instruments (G ),1, c"z,((h),z)r, sum over £, and
divide by N.
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1 Z (C_lx(h) 1yh> 1 Z <¢_1/<(h) 1aR1 Qe (h) 1ah2> 1 Z Qi (h),1€h
. - 5 J— - 5 - 5 ,3 + — - s

a a a a a a €
N hert «(h),2Yh N hert k(h),20h1 Qi (h),20h2 N heht «(h),2€n

—MmN —MmN
=M} =M)

“

Let M (Z)V and M {V denote, respectively, the sample moment on the left hand side
of the equality and the coefficient of B on the right hand side of equality when the
sample size is N. The moment M Ilv is the sample cross-moment between a,. ;) and
ajy,. We denote the corresponding population moments by M; for i € {0, 1} where
MIN K M; as N — oo. Assuming M is non-singular, premultiplying (MIIV)_1
and letting N — oo, we have (M{V)_lM(])V K B. This suggests that we could use
M {V Yy im (I)V as an estimator of 8. However, we cannot compute (M ’IV )~! from the
survey, because the survey data do not contain a, (). Therefore, we instead use the
same cross-moment from the census. We can compute this, because the census contains
both a, ) and a;, for each household / in the population.

It is instructive to underscore some important differences between Hoogeveen
(2005) and this study. The former takes the cluster-level averages of group indica-
tors @, as if they were the group indicators ay,, ignoring the fact that a, ) is
essentially a proxy for aj,. On the other hand, the latter clearly distinguishes a )
from ay,. In the Aggregation Approach, standard errors are computed by taking into
account the aggregation involved in the estimation. Similarly, the Instrumental Vari-
ables Approach explicitly takes account of the fact that @, ;) is just a proxy for a;. As
a result, the cross-moment M| between a, ) and a;, which captures how strongly
they are correlated, is used in the estimation of the standard errors.

The discussion above also implies that the usefulness of the two approaches depends
on the context. The Aggregation Approach would be most useful when there is a
relatively large heterogeneity across clusters in the distribution of x but not within
clusters. The Instrumental Variables Approach would be most useful when a good
proxy for ay, is available.

2.3 Extending ELL SAE method

We now formally introduce the two alternative approaches. To this end, we first
describe the data generating process and make some assumptions.

We assume that each cluster k is characterized by a couple (Hg, nx), which is
assumed to be independently and identically distributed across k. Hj is a positive
integer and bounded from above and orthogonal to the cluster-specific effect n;. To
explicitly incorporate clustering, we will establish consistency as K¢ — oo instead
of Nc — oo. However, we clearly have Nc — oo as K¢ — 00. As the survey selects
a fixed fraction of census clusters and a fixed (and sufficiently large) fraction of the
census households in the selected clusters, we also have Kg — oo and Ng — o0 as
K c — OQ.

Each household & € "Hj in cluster k is characterized by a sextuple w; =
(xz, xZ, Y, an, an, €y), where ay is a G-row vector of the proxy variables for ay,.
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We denote all the regressors—which include the common regressors and the interac-
tion between uncommon regressors and the group indicators—by x; = (xj ay ®xz ).
Further, we denote the instrumental variables for x;, by z;, = (x ap ® xZ). Note
here that xj and z; have the same dimension by construction. We assume that eq. (1)
is satisfied for each household and that @), is independently distributed across clusters
(but not within clusters). In the census, both x;, and z; are observed, but y;, is unob-
served. In the survey, z, and y; are observed but not aj,. Further, while the survey
data do not include ay,, its cluster-level average a; for each survey cluster k € g can
be obtained from the census. This condition is satisfied in Tanzania and many other
countries. Finally, each household % has a sample weight wy,, which is normalized so
that the sum of weights is equal to the number of observations, or Np =), eHp Wh-
We make the following assumptions in the remainder of this paper:

Al n and € follow a one-parameter mean-zero distribution with summation-
reproducible property, where the parameter represents the variance.
A2 varle,] = Zg ahgazg.

In a typical application of the ELL method, the OLS residual i, in eq. (1) is decom-
posed into the cluster-specific effect and the household-specific effect. The former is
estimated as the cluster-level average of the residual 7 = (Ng, 5)_l > heH, s ity,, and
the latter as the remainder é, = i, — 7). Hence, the distributions of n; and €
are estimated separately in the standard ELL method. However, as elaborated below,
this decomposition is infeasible in our study. Hence, we require Assumption Al. For
example, if both € and n; are normally distributed with mean zero, this assumption
is satisfied.

Assumption A2 says that € is heteroskedastic across groups but not within each
group. In other words, the variance of €;, depends only on the group that the household
belongs to. This specification allows for the heteroskedasticity of the household-
specific random effects across groups—which may be due to the presence of local
supporters for disabled people, for example.

It is useful to introduce some matrix notations here to simplify our presentation. For
each D € {C, S},letY p and U p denote Np-vectors of yj, and uj, respectively. We let
Xp and Zp be (Np x L)-matrices of entire observations of x;, and zj, respectively.
Further, we let W p = diag(wy, - - - , wy,,) be a diagonal (Np x Np)-matrix, whose
(k, k) element is wy, and Ap be a (Np x K)-matrix of cluster membership, whose
(h, k) elementis 1(« (k) = k). Note thateq. (1) can be written with the matrix notations
as follows:

We now introduce the two approaches—Aggregation and Instrumental Variables
Approaches—to estimate S.

Aggregation approach

As discussed earlier, Eq. (1) can be estimated at an aggregated level, because the
cluster-level averages of xj; and y, can be computed for each survey cluster. The
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Aggregation Approach proposed here is closely related to Feige and Watts (1972),
who investigate the properties of the estimator using aggregate data. Welsch and Kuh
(1976) consider a related problem for a random coefficient model, and empirical
application of aggregate regression models includes Polinsky (1977). However, unlike
these studies, we explicitly incorporate cluster-specific random effects.

Let us now aggregate eq. (5) to the cluster level. By premultiplying (A7 WA)~TAT
W to both sides of equality, we obtain:

Y=XB+U, (6)

where the bar represents cluster-level averages. Forexample, Y = (ATWA)'ATWY
is a (K x 1)-matrix of the cluster-level average of yj,, where the (k, 1) element of Y
is the weighted cluster-level average yr(= >, cH, WhYh/ Zhe?—tk wy,) for cluster k.
Similarly, X and U are, respectively, (K x L)- and (K x 1)-matrices of cluster-level
averages xj and uy of x;, and uy, respectively. Because we can obtain y; and X for
all survey clusters from the survey and census, respectively, we can run a cluster-level
regression of y; on Xx. To keep the presentation simple, we first develop the method
when the cluster-level data come from one sample. We then discuss the consequences
of merging survey and census data at the cluster level.

Since the number of households and the group composition may vary from cluster
to cluster in the survey, uy is in general heteroskedastic. It is straightforward to show
that the covariance matrix Q4 = E[UU T] of U is a diagonal matrix, whose (k, k)
element is aik = 03 + Zgzl Akggaf’g for Ak g = (X pen, wp) "2 S her wﬁahg.
This suggests the following GLS estimation procedure. First, we take the OLS residual
iy, from eq. (6). In the second step, we regress 12,% (instead of 02 ;) on a constant

and AM, . ,Ak,(;. This gives consistent estimates 63 and a of o and 06 e
which in turn give a consistent estimate € A= diag(&2 I Oy K) of Sl A, Where
&uz’ (= a + Z o=1 Ak ga 7 We can also check if €, is heteroskedastlc under the
following null hypothesis: 0'21 = = 03 G-

Let us now premultiply 2 , 20 eq. (6), so that we have &, e l/zXﬂ +
2, ~'/20 and denote the diagonal matrix of cluster-level averages of the sample weights
by W = diag(wy, --- , wg) for wy = Hf1 > her, wh- With this, we can run a
weighted least squares regression of € , Y 2Y on £, 12y

We now add the data subscript to demonstrate how the aggregation estimator can be
constructed in our context. We take the regressors from the census and the dependent
variable from the survey, such that X and Ys. Since the heteroskedasticity of iy
and sample weights originate from the survey, these are computed from the survey.
Therefore, our aggregation estimator [3 AGG 18 given as follows:

T/2 T2 = ~—1)2

A T A— — A-1/2- T A-
7 Note that the regression in the second step is unweighted, since the accuracy of i {i? as an estimate of o
does not systematically improve as the number of observations in each cluster k grows. This is because
the error term 7 does not go away by aggregation. Weighting can actually make the estimate of 02 less
accurate.
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To establish the consistency and asymptotic normality of this estimator, we define

J° = Igg and J! = Q, s 2W Q, ~'/2 and make the following three additional
assumptions in addition to Assumptlons Al and A2:

A3 Ks_l)_(gjj)_(c LA & for j € {0, 1} as K¢ — oo, where E{ is a non-singular
symmetric matrix.

A4 K_]/ZXCJJUS — N0, uz) for j € {0,1} as K¢ — oo, where u2: is a
positive-definite and symmetric matrix.

A5 K{'XEJI (X5 — Xe)B 5 0p for j € {0, 1} as K¢ — oo.

Assumption A3 essentially requires a convergence in the second moment of cluster
averages. Assumption A4 is somewhat different from a standard assumption because
the cluster averages for the regressors come from the census but the cluster averages
for the error terms comes from the survey. Nevertheless, since the error terms are
orthogonal to the regressors, this assumption is reasonable. Assumption A5 essen-
tially requires that (possibly weighted) correlation between the cluster average of the
regressors and the sampling error in the cluster averages, Xs — X ¢, are orthogonal.

Since survey sampling within each cluster is random, this is also a reasonable assump-
tion to maintain. In principle, the sampling error affects the asymptotic variance of
f! AGc- However, since a sufficiently high proportion of households are selected in
each cluster, variance of EI AGc due to the sampling error is small relative to those due
to Us. With these, we have the following proposition (all proofs are in Appendix 1):

Proposition 1 Under assumptions A1-AS and some regularity conditions, [Ai AGG IS a
consistent estimate of B and asymptotically normally distributed with the asymptotic
variance approximately equal to (;_41)_1 zl > (B4 h=lgs Ko — oo

Instrumental variables approach

While B AGG 1s consistent, it throws away household-level information and thus may
not be efficient. That is, even though the common regressors xj are observed for
each household, the Aggregation Approach uses only their cluster-level averages for
estimation. Therefore, we consider an alternative approach that uses a household-
level regression model with instrumental variables z;,. It should be noted that we use
instrumental variables not to address endogeneity issue but to combine two samples,
as it becomes apparent shortly.

We are clearly unable to use the standard instrumental variables estimator here,
because we do not observe yj, Xj, and z; in the same sample. We instead need to use
instrumental variables in a two-sample setting. To understand how this works, note first
that the instrumental variables estimator and two-stage least-squares estimator can be
written as a product of sample moments. As we discuss below, different moments can
be computed from the two samples. Therefore, by combining moments from the two
samples, we can run instrumental variables regressions. This approach was first pro-
posed and used by Angrist and Krueger (1992) to investigate the relationship between
the age at the school entry and ultimate educational attainment. It was subsequently
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adopted in various studies such as Lusardi (1996); Bjorklund and Jantti (1997); Currie
and Yelowitz (2000), and Dee and Evans (2003).

It is noteworthy that, unlike the standard one-sample case, instrumental variables
and two-stage least-squares estimators are not identical even when the estimation
equation is exactly identified. We choose to use the two-sample two-stage least squares
(TS2SLS) estimator instead of the two-stage instrumental variables estimator, because
the former is asymptotically more efficient than the latter (Inoue and Solon 2010).
However, the version of TS2SLS we use differs from Inoue and Solon (2010), as we
allow for clustering.

To derive the TS2SLS estimator in our setup, consider the following first-stage
regression: X = ZI 4+ A, where I and A are (L x L)- and (N x L)-
matrices, respectively. The first-stage estimate of I' can be obtained by Ic =
(ZEWcZo)™'ZEW X using the census sample. We then replace (unobserv-
able) X with its predicted value ngc in the weighted least squares estimator
(Xg WsXg)™! (Xg WY ) to arrive at the following TS2SLS estimator:

Brsasis = (NG 'ZEWcX o) \(NG'ZEW e Zo) (NG ZsWsZs) ™!

(Ng'ZEWsYs), ®)
To derive the asymptotic characteristics of ﬁTSZSLS’ we let €0 = diag(A -
(aé R 03 D+ o,%I‘TI‘ and make the following assumptions:

A6 NEIZ{)WDXD LN Qo as K¢ — oo for each D € {C, S}, where Q is a
non-singular matrix.

A7 NEIZ{)WDZD L 0, as K¢ — oo for each D € {C, S}, where Q; is a
non-singular symmetric matrix.

A8 N§1 ZgWSSZg WsZg LS 0, as K¢ — oo, where Q, is a positive-definite and
symmetric matrix.

A9 VKs(NG'ZEWsUs) S N0, @) as K¢ — .

With these assumptions, we have the following result:

F:roposition 2 Under Assumptions Al, A2, A6-A9, and some regularity conditions,
Brsasrs is a consistent estimate of B and asymptotically normally distributed with
the asymptotic variance of Ql_1 0, Ql_1 as K¢ — oo.

It should be noted that it is straightforward to obtain the sample analogue of Q.
However, the sample analogue of (, cannot be computed readily, because Sl(s) is in
general unknown. To estimate the variance of ﬁ Ts251s>ONe may resort to bootstrapping
by independently bootstrapping the two samples and repeatedly estimate ,B While this

is potentially a useful way to find an estimate of Var[ﬁ], it does not work well for the
ELL method because we still need estimates of a& gand 63 for imputing yj,. Therefore,

we choose to use the estimates 82 ¢ and 8,’2 takenofrom the Aggregation Approach.
This in turn allows us to get a consistent estimate & = diag(A - (&3 TR 63G)T) +

A . . 1 &0 ..
o*,%I'TI‘ of €0 using the census data. Replacing ° with € in the definition of 0,,
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we can obtain an estimate of Q,. With these sample analogues of Q; and Q,, we can
estimate the variance of ﬁT SISLS-

The choice we make for the estimate of 0, has an added advantage. Because both
the Aggregation and Instrumental Variables Approaches use the same estimates of
o¢,g and o), the differences in poverty estimates only result from the differences in
the estimates of B and \7a\r[/§ ]. This allows us to make a fair comparison between these
two approaches.

So far, we have been agnostic about the choice of the proxy variable a;. In our
empirical application, we consider two alternatives. The first alternative (“TS2SLS-
A”) is the conditional probability of being in each group. That is, we assume that
the probability of household being in group g conditional on vy is Probg(vy; 6),
where vy, is a vector of household characteristics observed both in the survey and
census and 6 is the parameter of the model. The parameter estimate 6 is obtained from
the census, and the estimated probability is imputed into each survey household by
&hg = Probg(vp; é)

The second alternative (“TS2SLS-B”) is the average of the group indicators in the
cluster, or @, = @, ). The second alternative can be considered as a special case
of first alternative, where the former uses only the cluster membership to predict the
probability of household being in group g. In our empirical application, this approach
is straightforward to implement as the cluster-level average of disability status can
be easily computed from the census. The second alternative has an advantage that
the results are directly comparable with the results from the Aggregation Approach,
because exactly the same set of variables is used for estimation. In contrast, variables
not used in the Aggregation Approach can be included in v;, under the first alternative.

Whether we use Aggregation Approach or Instrumental Variables Approach, we
carry out Monte-Carlo simulations in the same way as the ELL method once we

obtain the relevant parameter estimates. That is, we draw ,B for the rth round of
simulation from a normal distribution with mean [3 and variance Var[ﬂ] The variances
of the error terms, 6, 2 and 02( ") are jointly drawn from a normal distribution
using the point estimate and varlance—covariance matrix from the residual regression
estimates.® Cluster-specific random effect ﬁ,((r) and household-specific random effect

E}(,;) are drawn from the empirical distribution of i, standardized to have mean zero

and a unit standard deviation, and augmented by &(r) and 6(r) , respectively. Once we

have drawn these parameters, we calculate y yh ") for each census record. The remaining
steps are the same as the standard ELL method.

The extension of the ELL method discussed above is fairly general. While the
empirical focus of this study is on disabled households, both the Aggregation and
Instrumental Variables Approaches are potentially applicable to many other situations
where the survey does not contain the group membership indicators but their proxy
variables can be constructed from the survey and census.

8 If either az @) or 52 ) s negative, we redraw until both are positive.
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3 Data and measurement

We apply the extension of the ELL. SAE developed in the previous section to a survey
and a census in Tanzania to derive poverty statistics for disabled and non-disabled
households. In this section, we first describe the data and then discuss the measurement
of poverty and disability.

3.1 Data

As noted above, we use a census and a survey for this study. For the census, we
use the long-form questionnaire of the Population and Housing Census of Tanzania
for 2002, which includes questions on the age, sex, relation to the household head,
marital status, education and economic activity of each household member as well as
the housing conditions and asset holdings of the household. In addition, the long-form
questionnaire asks about the disability status of each household member. The long-
form questionnaire was used for about 1.2 million households out of about 6.8 million
households in mainland Tanzania. The sample for the long-form questionnaire was
drawn by Systematic Simple Random Sampling, where each enumeration area (EA)
was selected with equal probability and all households in sample enumeration areas
are included in the sample. We apply the census weights that incorporate this sampling
procedure. We excluded Zanzibar from the analysis, because it is not covered in the
survey. We also excluded less than 0.01 percent of households, whose size exceed the
observed maximum household size in the survey. Further details on the census can be
found in National Bureau of Statistics (2003a,b).

For the survey, we use the 2000/01 Household Budget Survey (HBS). It is repre-
sentative at the level of 20 regions in mainland Tanzania.® The survey data cover a
wide range of household and individual characteristics, including many of the vari-
ables included in the census, and detailed information on consumption expenditure.
The survey does not, however, include a question on the disability status for each
household member. Therefore, we cannot identify the individuals with disability in
the survey. However, the survey data allow us to identify the individuals who are not
economically active due to disability.

The survey data contain 22,178 households from 1,158 enumeration areas. It comes
with a sample weight for each observation. After eliminating observations with miss-
ing values for the variables used in this study, we are left with 21,608 observations
from 1,148 enumeration areas. National Bureau of Statistics (2002) offers further
information on the HBS data, including a range of summary statistics.

Since the administrative identifiers are not fully harmonized at the level of enumer-
ation areas between the survey and census, we choose to regard a ward as a cluster in
this paper and merge the survey and census datasets at the this level to implement the
Aggregation Approach. There are 2,457 and 801 clusters (wards) in the census and

9 Some regions were split after the survey was conducted. In 2002, the Manyara region broke out of the
Arusha region and the census data allow us to distinguishes between Manyara and Arusha regions, but the
survey data do not.
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survey, respectively. It is worth noting here that the census average of the disability
indicator at the cluster level can be merged into the survey.

3.2 Measurement of poverty and disability

To measure poverty, we adopt the official definition of poverty given by National
Bureau of Statistics (2002). National Bureau of Statistics (2002) first calculates the real
household consumption expenditure per adult equivalent for 28 days, which accounts
for regional price differences and accommodates different needs for different age and
sex groups.'? The household is deemed poor when the real household consumption
expenditure per adult equivalent for 28 days is below the official poverty line, which
is set at 7,253 Tanzanian schillings, or 16.09 US dollars using the purchasing power
parity conversion factor reported in the World Development Indicators for 2002. The
poverty line covers the cost for satisfying the minimum adult caloric requirement and
some essential non-food consumption expenditure. According to this definition, 35.7
percent of the people in mainland Tanzania are poor.

As for disability, we simply use the self-reported disability status in the census. That
is, a person who reported any disability is classified as disabled in this study. While
self-reported disability measure has some potential issues such as self-reporting bias,
it is likely to capture severe forms of disability.!!

Table 1 provides some summary statistics of the disability status in mainland Tan-
zania. As column (8) of the table shows, 1.8 percent of the population has some
disability in Tanzania. Columns (1), (2), and (3) break down the summary statistics by
different age groups. They show that elderly people (aged over 65) have substantially
higher prevalence of disability than children (under 15) and working-age adults (aged
between 15 and 64). The gender difference in the prevalence of disability is not large,
as columns (4) and (5) show.

In columns (6) and (7) of Table 1, we report the summary statistics by whether the
individual is the household head. The difference between head and other household
members in the distribution of disability reflects the fact that household heads are
on average older than other household members, but there are also differences in the
type of disability between the household heads and other household members. Hence,
disabled household heads do not necessarily represent disabled people in general.'?

Nevertheless, as with Hoogeveen (2005), we classify a household headed by a
disabled person as a disabled household without distinguishing different types of dis-
ability. We make this choice for three reasons. First, we prefer to focus on the disability
status of adults, because children’s disability status is likely to be less reliable than
adults’ disability status. For example, UNICEF (1999) argues that some disabilities
may go unrecognized until children go to school when learning difficulties as well

10 See National Bureau of Statistics (2002) for the weights to derived the adult equivalence scale, which
is similar to those cited in Collier et al. (1986). See World Bank (2015) for additional discussions on the
adult equivalence scale used in Tanzania.

' Evidence from Malawi and Zambia indicates that self-reported disabled people, on average, experience
much more activity limitations than self-reported non-disabled people (Loeb and Eide 2004, 2006).

12 In Online Appendix Table A1, we report the distribution of types of disability.
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Table1 Prevalence of disability and population and disability shares by age groups, gender, and relationship
to the household head in mainland Tanzania

Age Group Gender Rel. to Head Total

-14 15-64 65+ M F Head  Others

(1) (@) 3) “ (5) 6 (7) ®
Prevalence of disability (%) 1.0 2.2 6.8 2.1 1.6 2.7 1.6 1.8
Population share (%) 44.7 51.1 4.1 48.6 51.4 21.6 78.4 100.0
Disability share (%) 235 61.2 152 550 450 315 68.5 100.0

Source: Author’s calculations based on the Population and Housing Census for 2002

as visual and hearing impairment are brought to notice. Since the household heads
are adults, we can largely avoid the issue of unrecognized (and thus unreported) dis-
abilities. Second, we focus on the disability status of the household head, because the
household head’s status is likely to be important for the households’ poverty status.
Third, we choose to use a binary disability indicator instead of disaggregating different
types of disability, because the number of observations for each specific type of dis-
ability is extremely low in each cluster. As a result, we are unable to reliably estimate
the coefficients for different types of disability. Hence, in our empirical application, we
let G = 2 with g = 1 and g = 2 representing non-disabled and disabled households.

While neither the survey nor census data alone allows us to find the poverty rates
disaggregated by the households’ disability status, we are able to get some insights into
the difference in poverty by the disability status. In the survey, we can disaggregate
the poverty rate by whether the household is headed by an “economically disabled”
member, or a member who is economically inactive due to disability as reported in
Online Appendix Table A2. In the census, we observe the housing conditions and
asset holdings of the households, which can be expected to be correlated to the house-
hold welfare. Hence, we can disaggregate these variables by the household disability
status as reported in Online Appendix Table A3. These tables indicate that disabled
households are poorer than non-disabled households.'3

4 Results

As with the ELL method, our first step is to estimate the model parameters. Unlike
most other empirical studies, estimated regression parameters are not the quantities of
intrinsic interest in this study. Nevertheless, we briefly explain the regression results
reported in Table 2.

As noted above, our dependent variable yj, is logarithmic household consumption
per adult equivalent for 28 days. In the Aggregation Approach, we need to merge the
cluster-level average of y, for the survey with the cluster-level averages of census
variables, including the indicator variable for the household head’s disability status.

13 Online Appendix Table A2 also shows that the head’s economic disability status is more strongly
correlated with poverty than the presence of an economically disabled member, showing the importance
of household head’s disability status relative to other member’s disability status. Online Appendix also
provides further discussions.
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We take a ward to be a cluster, because we cannot merge the two data sources at
the level of enumeration areas. As a result, the standard errors reported in this study
may be slightly upward biased, because wards are larger than enumeration areas.
Nevertheless, the bias is likely to be small because most of the survey wards have only
one enumeration area.

In principle, different consumption models can be used for different zones or
regions. However, we choose to have a single consumption model for mainland Tan-
zania to ensure that there is a sufficiently large number of clusters (wards) in the
estimation sample. Further, using a single consumption model also helps us to keep
the presentation simple.

As detailed in Sect.2, we first run an OLS regression based on the Aggregation
Approach. The OLS regression results are reported in column (1) (“Aggregate OLS”)
of Table 2. We then run a regression of the squared OLS residuals ﬁ,% on a constant,
Ak, non-disabled, and Ak,disabled. The coefficient on these terms provide estimates of 0,;2

and og o> Tespectively, and are reported in Table 3.14 While these quantities are not of
intrinsic interest, there are two points to note here. First, the variance o,? of the cluster-
specific random effects is statistically significant, even though it is much smaller than
the magnitude of the variance 03 of the household-specific random effects. Because
the errors due to the cluster-specific effects do not decrease as fast as the errors due
to the household-specific effects as we aggregate, it is important to allow for cluster-
specific effects. Second, while the difference between 0'62, non-disableq and 03 disabled 1S MOt
statistically significant at a conventional level, the latter is much larger than the former.
This is consistent with our earlier conjecture that there may exist household-specific
random effects that are only relevant to disabled households.

With these estimates, we are able to obtain the GLS estimates of 8. In column (2)
(“Aggregate GLS”) of Table 2, we report the regression coefficients based on the
Aggregation Approach using eq. (7). This column shows that people live in larger
households tend to be poorer in general. Column (2) also indicates that grass leaves and
bamboo roofs are significantly negatively associated with logarithmic consumption per
adultequivalent, whereas households with concrete roofs, telephones, and bikes tend to
have significantly higher levels of consumption. These results are to be expected. One
coefficient of particular interest is the disability status of household. It is interesting
to note that the point estimate is negative even though it is statistically insignificant in
column (2).

In columns (3) (“TS2SLS-A”) and (4) (“TS2SLS-B”) of Table 2, we report the
results of TS2SLS regressions. In column (3), we use the predicted probability of
disability status as an instrument. Specifically, we estimate a logit regression of the
disability indicator variable using the census data. The results of the logit regression
are shown in Online Appendix Table AS. The covariates used in the logit regression
are commonly observed in both the census and survey such that we can compute a1,
ap, and zj, for both samples. With these, we can run the TS2SLS regression using
eq. (8) and derive its variance based on the results in Proposition 2.

14 In Online Appendix Table A4, we also report the summary statistics and correlations of 12,%,
Ak, non-disabled> and Ag disabled-
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Table 3 Residual regression Variable Coct SE)
results
1 0.086 o (0.008)
2
9¢ non-disabled 0.039 (1.493)
‘73, disabled 2.606 (27.315)

Source: Author’s calculations based on the Population and Housing
Census for 2002 and 2000/01 Household Budget Survey

The dependent variable is squared residuals ﬁ% from the cluster-level
OLS regression. The standard errors reported in parentheses are het-
eroskedasticity robust. *, ** and *** denote statistical significance at
10, 5, and 1 percent levels, respectively

Table 4 Poverty estimates based on different choices of approaches and instruments

(1) Aggregate (2) TS2SLS-A (3) TS2SLS-B

Est (S.E) Est (S.E) Est (S.E)
Non-Disabled 354 (7.0) 32.0 (9.0) 36.8 (8.5)
Disabled 51.8 9.1) 66.7 (14.7) 48.3 (15.7)
Mainland Tanzania 35.8 (6.8) 329 (8.9) 37.1 (8.2)

Source: Author’s calculations based on the Population and Housing Census for 2002 and 2000/01 Household
Budget Survey
All figures are in percentage

In column (4), we use the cluster-level prevalence of disability as an instrument
for the household-level disability status. This instrumental variable uses the same set
of information as the Aggregation Approach, except that the Instrumental Variables
Approach uses observations of covariates at the household level, rather than the cluster
level. Therefore, the results using this instrument are directly comparable to those
based on the Aggregation Approach.

Overall, point estimates have expected signs, when they are significant. Further,
the differences in the point estimates across different estimation methods are small
relative to the standard errors for the point estimates. Therefore, the regression results
are reasonable and broadly consistent with each other.

After all relevant model parameters are estimated, we conduct a Monte-Carlo sim-

ulation. As discussed in Sect.2, we first draw the parameters (B (r), 53 ’(r), 63 ’(r)) in

the rth round of the simulation. Then, we also draw the cluster-specific effect n,ir) and

household-specific effect e;lr) for each cluster k and household #, respectively. These

draws allow us to compute the imputed consumption per adult equivalent y}[) in the
rth round for household %, which in turn can be used to compute the poverty statistics
151(” for each set J of households.

Table 4 reports the estimates of poverty rates for disabled and non-disabled house-
holds based on different choices of approaches and instruments. Regardless of the
choice, the estimated poverty rates for the non-disabled households are around 35 per-
cent, whereas those for disabled households are around 50 percent or above. Because
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the point estimates for non-disabled and disabled households are subject to the same
model errors (i.e., errors associated with the estimation of 8), their errors are positively
correlated across simulation rounds. As a result, we can conclude that the poverty rate
for disabled households is significantly higher than that for non-disabled households
at a five percent level of significance in all columns, even though the standard error
for each estimate is not small. This result also corroborates the descriptive statistics
derived from only the census or survey, which are respectively reported in Online
Appendix Tables A2 and A3. In particular, the poverty rates for mainland Tanzania
reported in Table 4 are close to the survey-only estimate of 35.7 percent, regardless of
the approach used. Therefore, the SAE results are all consistent with the survey-only
estimates.

Our preferred results are the one based on the Aggregation Approach, because
the Aggregation Approach yields a smallest standard error and a point estimate that
is closest to the survey-only estimate among the three estimates reported in Table 4.
However, it is not always the case that Aggregation Approach is most preferable. When
we are able to get very strong instrumental variables, it is likely that the Instrumental
Variables Approach yields more favorable results than the Aggregation Approach. We
will briefly revisit this point in Sect.5.

Let us now turn to the regional-level estimates of poverty disaggregated by the
disability status. For the ease of presentation, we plot the regional estimates of poverty
rates for non-disabled and disabled households on maps in Fig. 1a and b, respectively.
As the comparison of these figures show, the poverty rates for disabled households
are higher than those for non-disabled households for all regions. In Appendix 1, we
also make a regional-level comparison between the survey-only and SAE estimates of
poverty rate. It shows that the SAE poverty estimates are consistent with the survey-
only estimates and have acceptable levels of standard errors. Therefore, we are indeed
able to obtain meaningful spatial disaggregation of poverty and disability by extending
the ELL SAE method.

It should be underscored that we have used consumption per adult equivalent as
a measure of the standards of living that is comparable between disabled and non-
disabled households. However, if there is a cost of disability, or additional consumption
that needs to be given to disabled households to achieve the same level of standards of
living as non-disabled households for a given level of consumption per adult equivalent,
then we would underestimate the poverty for disabled households. Therefore, if we
could take the cost of disability into account, our finding that disabled households are
poorer than non-disabled households would be strengthened.

5 Discussion and conclusion

This paper extended the ELL SAE method to estimate poverty rates for small groups
such as disabled households at a spatially disaggregated level. This extension is useful
because survey data available so far typically do not permit meaningful spatial dis-

15 Online Appendix Table A6 reports the point estimates and standard errors by disability status in each
region.
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Dar es Salaam

Kilimanjaro

% poor (# regions)
50 - 55 (0)
45-50 (1)
40 - 45 (5)
35-40(7)
30 - 35 (6)
25-30 (1)
20-25(1)

Dar es Salaam

Kilimanjaro

% poor (# regions)
50 - 55 (20)
45-50 (1)

40 - 45 (0)
35-40(0)
30-35(0)

25-30 (0)
20-25(0)

Fig. 1 Estimated poverty rates for a non-disabled households (top) and b disabled households (bottom)

based on the Aggregate Approach
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aggregation of poverty and disability.'® However, unlike the ELL method, we do not
require all covariates to be included both in the census and survey. This extension is
particularly important when there is a systematic difference across different groups.

We enable an estimation of a consumption model that includes group indicators
without observing them in the survey, while allowing for the potential heteroskedas-
ticity between disabled and non-disabled households. While the difference between
Oc.disabled and O¢ non-disabled 1S Statistically insignificant in our application, allowing
for this heteroskedasticity seems to be still important. We created a version of SAE
estimates under the assumption that idiosyncratic error terms are homoskedastic. The
point estimates (standard errors) of Py for non-disabled households, disabled house-
holds, and both combined (i.e., mainland Tanzania) are 0.365 (0.065), 0.413 (0.044),
and 0.366 (0.064), respectively, using the Aggregation Approach. While the point
estimate and standard error for mainland Tanzania are similar to the corresponding
estimates in column (1) of Table 4, the standard errors under homoskedasticity appears
to be too optimistic for disabled households. This is because the point estimate of
O¢.disabled 1s much larger than o¢ non-disabled and because the number of disabled house-
holds is much smaller than that of non-disabled households This conclusion remains
the same when the Instrumental Variables Approach is used.'”

Both Aggregation and Instrumental Variables Approaches discussed in this paper
produce poverty estimates that are consistent with the survey-only estimates in main-
land Tanzania. The standard errors of the regional SAE estimates are comparable to
those of the corresponding survey-only estimates at the regional level. Hence, our
method successfully disaggregated regional poverty estimates by the disability status
of the household head, which is unobserved in the survey.

In our empirical application, the Aggregation Approach provides an estimate that is
closer to the survey-only estimate and has the smallest standard error among all alter-
natives we considered. Therefore, our preferred results are based on the Aggregation
Approach. However, there are situations where Instrumental Variables Approach may
work better than the Aggregation Approach. To highlight this point, first note that the
Aggregation Approach does not work when there is no variation in the cluster-level
prevalence of disability, because the dependent variable is a constant in this case.
However, the Instrumental Variables Approach may work even in this case, provided
that there are variations in the proxy variable a; within each cluster.

16 Note, however, that there is an ongoing effort to improve the data collection standards and data availability
(Abualghaib etal.2019; Groce and Mont 2017). The methodology proposed in this paper will remain relevant
because it takes time to improve data availability and because it is still useful to see the change from the
past situation.

17 1n addition, we also implemented a version of Hoogeveen (2005), where we use the same set of covariates
as those in Table 2, except that we replace the individual disability status with the cluster-level prevalence
of disability. The point estimate (standard error) of Py for non-disabled households, disabled, and mainland
Tanzania are 0.490 (0.009), 0.554 (0.010), and 0.491 (0.008), respectively. Hence, poverty appears to be
overestimated when a comparable model is used. While this apparent overestimation may be driven by a
particular specification we use, the standard errors also appear to be too low, particularly for non-disabled
households. This is also the case when the Instrumental Variables Approach is used. This results is expected,
since Hoogeveen (2005) does not take into consideration the fact that the cluster-level prevalence of disability
is just a proxy for the individual-level disability status.
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The extension of the ELL method considered in this study can be easily applied
to a study of poverty and disability in other countries, if census and survey data that
are similar to the ones used in this study are available. It can also be applied to a
variety of other contexts in which poverty comparisons across groups are important
(e.g., poverty comparisons across ethnic or religious groups). Further, the proposed
extension has an advantage that it enables spatial disaggregation of poverty estimates,
even in cases where the survey does not permit such disaggregation.

Finally, this study also makes an empirical contribution to the growing body of lit-
erature on disability and poverty. We show that disabled households are significantly
poorer than non-disabled households in every region of mainland Tanzania. This con-
clusion would be further strengthened when we take into account the consumption
cost of disability and possibly social exclusion.!® Hence, this study underscores the
importance of considering disability in the formulation of anti-poverty policies.

Supplementary Information  The online version contains supplementary material available at https://doi.
org/10.1007/s00181-023-02478-8.
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Appendix
Appendix A: Comparison of regional poverty estimates

Table 5 provides the survey-only estimates of poverty rates at this level in column (1)
and their corresponding SAE estimates in column (2) at the level of 20 survey regions.
The survey-only and SAE estimates are generally close and have a strong positive
correlation of 0.71. The null hypothesis for a two-sided z-test of equality of the survey-
only and SAE estimates is not rejected at a five percent level of significance in all
regions. The null hypothesis for the joint x?-test of the equality of the two estimates
in all regions was also not rejected. Therefore, on balance, even though the difference
between survey-only and SAE estimates can be large in absolute value for a few
regions, there is no evidence that survey-only and SAE estimates are systematically
different.

In column (3), we report the share of people living in disabled households. As the
comparisons of column (3) with columns (1) and (2) show, there is a strong positive
correlation between the poverty rate and share of people in disable households. The

18 1n Tanzania, social exclusion of disabled people may not be among the most important issues facing
those who are disabled (Kisanji 1995a,b; UNICEF 1999).
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Table 5 Comparison of regional poverty rates between survey-only and SAE estimates

Region (1) Survey only (2) SAE (3) Share in
Est. (S.E.) Est. (S.E.) Disabled HH
Dodoma 34.0 (3.5) 31.2 (9.6) 2.9
Arusha 38.9 (3.9) 36.4 (6.6) 2.3
Kilimanjaro 30.4 (4.6) 29.8 (10.0) 1.6
Tanga 34.6 (3.9) 31.0 9.2) 1.8
Morogoro 29.5 3.5) 30.7 9.2) 3.0
Pwani 46.1 (5.2) 38.6 (5.9) 3.5
Dar Es Salaam 17.4 (2.1) 24.2 (10.4) 1.3
Lindi 53.5 (5.1) 38.6 (6.3) 2.8
Mtwara 37.9 (3.8) 46.2 (4.8) 3.5
Ruvuma 41.2 6.1) 36.3 (7.3) 3.2
Iringa 31.8 4.1) 333 (8.3) 2.6
Mbeya 19.8 24) 30.8 9.6) 1.4
Singida 55.7 4.5) 443 (6.1) 33
Tabora 27.3 4.4 38.2 (7.0) 1.9
Rukwa 30.8 (4.9) 36.1 (8.3) 1.3
Kigoma 37.6 (5.0) 42.6 (4.3) 3.7
Shinyanga 41.8 4.2) 41.0 (4.8) 2.7
Kagera 28.7 (5.1 36.4 (7.1) 2.7
Mwanza 479 (3.8) 39.8 5.2) 2.7
Mara 45.5 4.1) 41.0 4.7) 3.2

All figures are in percentage. Column (2) is based on the Aggregation Approach

correlation coefficient between columns (1) and (3) [(2) and (3)]is 0.66 [0.68]. Because
the calculation of the correlation between columns (1) and (3) does not involve any
imputation, the positive correlation cannot be attributed to imputation.

Appendix B: Proofs
Proof of Proposition 1 We first establish the consistency of the cluster-level OLS esti-

mator Bcors = (X’g)_(c)*l)_(c Ys. Letting j = 0 in Assumptions A3—A5 and using
Kgs — oo as K¢ — 0o, we have:

A _ _T_ _ _ _
Bcors—B=(Kg'XcXo) "K' Xc(XsB+Us) — B
AT —lp—l% % <
= (Ky'XcXo) 'Ky ' Xe(Xs - Xo)B
HK'X(Xe) K XcUs B 0,

This means that we can obtain consistent estimates of 03 and 062 < by running a
regression of the squared OLS residual ﬁ% on a constant and Ak, Iyeee, Ak,g. Hence,
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we can obtain a consistent estimate €4 of €4 by replacing 0772 and 63 ¢ With their
consistent estimates in the definition of £ 4. Then, letting ] 1= Q AWy Q A, we have

Ji LA J1 as K¢ — oo. From this and assumptions A1-AS and using Kg — 00 as
K¢ — oo, we have the following results as K¢ — oo:

BAGG -B = (XEQ;THWS

0, Pxo) XL, W, P(XsB+Us) — B

— X1 X)X (XsB+Us) - B

= (KJ'XT1Xe) 'Ky ' XET 1 (Xs — Xo)B
HKG' XL X KT XA O

Lo, )

VEs(Bago —B) = (K5'Xc 1 Xe) K5 PRET(Ks — Xo)p

+(K§15(£]15(c)”KS‘”ZX,?LI'JS

d —— — — —_—
S N, 871 (Eo + BB, (10)

where Eg = limg,— o0 K;l/z)_(gjl()_fg - Xo)BBT (X5 — )_(c)leic. Notice
that the between-cluster variations in the regressors are already differenced out in
(Xs — X¢). Therefore, (X5 — X¢) is influenced by the within-cluster variation in
the regressor. With a sufficiently large fraction of households sampled in each cluster,
the contribution of Ef] Eo Ef] to the asymptotic variance of ﬁ AGc 1s small relative
to B7! 8281_1. Hence, the asymptotic variance of 3 AGG 18 approximately equal to

—_— 1
o

1
S o

Proof of Proposition 2 First, note that Np is approximately proportionate to K p and
that Np — oo as Kp — oo for D € {C, S}. The consistency and asymptotic
normality of the TS2SLS estimator can be derived from a variant of the standard
argument (White 1984, Chap. 5). Under assumptions A1-A2 and A6-A9 and using
Ks — oo as K¢ — oo, we have the following results as Kg — o0

ﬁTszsLS_ﬂ
=l T An—l,T “1,T a1 ,T
= (NG ZEW X o) NG ZEW e Ze) (NG ZEW s Zs) " NG ZE W s X 5B
(NG ZEW X ) (NG ZEW cZo) (NG ZEWsZ) (NS ZEW sU,) — B
14 — _
= (0,'0,07'0 - DB =0,
VKcBrsasrs — B)
= VK [N ZEW e Xy (NG ZEW e Zo) (NS 25 WsZs)™ NS ZEWsX s — 1] B
+VKe [(NglZEWCXC)*(Ng‘Zgwczc)(zvs—‘Zgwszs)(Ns—lzgwsus)]

L NO, 05 2,05,
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Notice that @ does not show up in the final expression because (N lZEWCZC)
(Ng'ZEWsZs) ' 5 0,07 = Tas K — oo O
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